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Ýòîò äîêëàä ïîñâÿùåí ãîëîãðàôè÷åñêîé êâàíòîâîé õðîìîäèíàìèêå
(ÃÊÕÄ) ñ óïîðîì íà èçó÷åíèå ñâîéñòâ êâàðê-ãëþîííîé ïëàçìû, êîòîðûå
â ïðèíöèïå ìîãóò áûòü ïîëó÷åíû èç ýêñïåðèìåíòîâ ñî ñòîëêíîâåíèÿìè
òÿæåëûõ èîíîâ (ÑÒÈ). Îñíîâíîé õàðàêòåðèñòèêîé ÿâëÿåòñÿ ñòðóêòóðà
ôàçîâîé äèàãðàììû, êîòîðàÿ äåëèò ïëîñêîñòü (µ, T ) íà àäðîííóþ è êâàðê-
ãëþîííóþ ôàçû. Íà ýòîé ôàçîâîé äèàãðàììå åñòü òàêæå ëèíèÿ ôàçîâîãî
ïåðåõîäà, ñâÿçàííàÿ ñ íàðóøåíèåì êèðàëüíîé ñèììåòðèè, à òàêæå ëèíèÿ
ôàçîâîãî ïåðåõîäà, ñâÿçàííàÿ ñ êâàðêèîííîé ôàçîé. Ìû ïðåäñòàâëÿåì
ãîëîãðàôè÷åñêóþ ìîäåëü, äëÿ êîòîðîé åñòåñòâåííî ïîÿâëÿåòñÿ êâàðêèîííàÿ
ôàçà. Ïîêàçàíî, ÷òî ëèíèÿ ôàçîâîãî ïåðåõîäà àäðîííàÿ ôàçà � êâàðêèîííàÿ
ñóùåñòâåííî çàâèñèò îò àíèçîòðîïèè è, â ÷àñòíîñòè, îò ìàãíèòíîãî ïîëÿ.

This contribution is devoted to holographic quantum chromodynamics (HQCD)
with a focus on studying the properties of quark-gluon plasma, which can in prin-
ciple be extracted from experiments with heavy ion collisions (HIC). The main
characteristic is the structure of the phase diagram, which divides the (µ, T ) plane
into an hadronic phase and a quark-gluon phase. In this phase diagram there is
also a phase transition line associated with chiral symmetry breaking, as well as
a phase transition line associated with the quarkyonic phase. We present a holo-
graphic model for which the quarkyonic phase naturally appears. We show that
the line of the hadronic phase � quarkyonic phase transition essentially depends on
anisotropy and, in particular, on the magnetic �eld.

PACS: 11.25.Db, 12.38.-t

1. Introduction

In this talk we will discuss the following subjects.

� Physical picture of the formation of quark-gluon plasma (QGP) in col-
lisions of heavy ions.

� Results of applying the holographic approach to the description of
heavy ions collisions and properties of the quark-gluon plasma. They
include

� explanation of experimental data:

in particular, multiplicity of particles production in HIC;

� prediction of the new e�ects in anisotropic quark-gluon plasma:
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Figure 1: Time evolution of matter created in heavy ion collision, plot from
[1].

i) smeared of the con�nement/decon�nement phase transition,

ii) dependence of energy losses (jet quenching coe�cient) on the
anisotropy parameter and chemical potential,

iii) dependence of the emission rate of direct photons on the anisotropy
parameter and chemical potential;

� more detailed structure of phase transitions, namely the dependence of
the position of the phase transition line on

� quark masses,

� magnetic �eld magnitudes,

� spatial anizotropy (centrality of HIC)

We will discuss mainly the results on the subjects above obtained in our
group at Steklov Mathematical institute and published in references [1�18].

2. Evolution after heavy ion collision

QGP is a state of matter of free quarks, antiquarks and gluons at high
temperature. QGP was discovered at RHIC in 2005. QGP behaves (RHIC,
LHC) like a strongly interacting �uid (collective e�ects) [1].

In Fig. 1 the time evolution of matter created in heavy ion collision
is presented. It is believed that short after collision of heavy ions the local
thermalization takes place. This process is accompanied by a huge production
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of entropy. The physics is not fully understood. Di�culties arise due to time-
dependent non-equilibrium QCD processes. Local thermalization creates an
initial condition for hydrodynamic evolution. The hydrodynamic approach
is widely used to process the experimental results obtained at the LHC and
RHIC.

One can think of QGP as a strongly interacting liquid, and two questions
arise regarding this liquid.

1. How was it formed?

2. What properties does it have?

Note that perturbation methods are not applicable to get answers to
these questions. Lattice methods also do not work, because we consider the
process in real time. In the stationary case the lattice method has problems
with the chemical potential. It is possible to use holographic QCD based
on gauge/string duality to answer these questions. Note, that holographic
method is a phenomenological approach motivated by AdS/CFT duality [19].
Main ingredients of relations between theory in realistic 4-dimensional space-
time and theory in deformed AdS are the following (see [1, 20, 21] and refs
therein):

� QCD temperature ⇐⇒ black hole temperature in a deformed AdS5,

� thermalization in QCD ⇐⇒ formation of black hole in the deformed
AdS5,

� thermalization models ⇐⇒ black hole formation models.

The most popular black hole formation models are

� colliding shock waves;

� collapse of stars.

The �rst model is suitable for the holographic description of heavy ion
collisions, and the area of the trapped surface that occurs during the collision
of shock waves is associated with the total multiplicity of particles formed in
HIC [3,23,24,26].

3. Total multiplicity produced in heavy ions collision

Dependence of the total multiplicity produced in heavy ions collision on
energy of the colliding particles has been obtained in the ALICE experiment
at LHC, see Fig.2. Note that the bulk of the particles are born immediately
after the collision of heavy ions. The result of the ALICE experiment is [22]

M ∼ s0.155NN . (1)
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Полная	множественность	рожденных	
при	столкновении	тяжелых	ионов	

PbPb

Основная	масса	частиц	рождается	сразу	после	столкновения	тяжелых	ионов

Plot from PRL’16 
(ALICE).

Figure 2: Dependence of the charged-particle multiplicity density at midra-
pidity in Pb-Pb collisions. Plot from [22]

� The Landau macroscopic theory of high-energy collisions gives

MLL ∼ s0.25. (2)

� Holographic approach:

� the simplest model (collision of shock waves) gives [23�27]

MAdS ∼ s0.33, (3)

� anisotropic Lifshitz type background with exponent ν [3]

Mν ∼ s
1

2+ν , (4)

and for ν = 4.45 we get (1).

4. Holographic model of an anisotropic plasma in a magnetic �eld at a
nonzero chemical potential

4.1. Action and metric.A typical action of HQCD model is∫
d5x

√
−g

[
R−

f1(ϕ)

4
F 2
(1) −

f2(ϕ)

4
F 2
(2) −

fB(ϕ)

4
F 2
(B) −

1

2
∂µϕ∂

µϕ− V (ϕ)

]
(5)

with f1 related to the chemical potential, f2 to anisotropy, fB to magnetic
�eld, see [7, 13,14,17] for details.

The metric and matter that solve the equations of motion following from
action (5) are supposed to be in the special form. The metric is

ds2 =
b(z)

z2

[
−g(z) dt2 + dx2 + z2−

2
ν dy21 + ecBz2z2−

2
ν dy22 +

dz2

g(z)

]
. (6)
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The 5-coordinate z plays the role of the energy scale. The Maxwell �elds are
A(1) = At(z)δ

0
µ, F

(2)
y1y2 = q, F

(B)
xy1 = qB and the scalar �eld depends only on

z. In [17] it has been shown that �xing b(z) and f1(ϕ) one can �nd f2, fB,
ϕ(z), V (ϕ) and g(z).
The overall factor b(z) plays essential role in the properties of the model. It
is di�erent for holographic models that correspond to light and heavy quarks,
see [7, 13,14,17].

4.2. Phase transition con�nement/decon�nement.One of the goals of the
holographic QCD is to describe QCD phase diagram. General requirements
on the phase diagram:

� reproduce the QCD results from perturbation theory at short distances,

� reproduce Lattice QCD results at large distances (∼ 1 fm) and small

µB.

According to lattice data the phase structure essentially dependents on
mass of quarks, see Fig.3.

A) B)

Figure 3: Lattice QCD phase diagrams. A) Columbia plot (plot from [28]).
Plot with the imaginary chemical potential (from [29])

The schematic pictures of the structure of phase diagrams for light and
heavy quark are presented in Fig.4. For realistic quark mass the expected
QCD phase diagrams are presented in Fig.5. General features of these dia-
grams are similar to the phase diagram for light quark diagram presented in
Fig.4.

    

1-st order

phase transition

 

Crossover
T

μ A)

1-st order
phase transition

Crossover

T

μ B)

Figure 4: The schematic picture of the phase diagrams structure for light
(A) and heavy (B) quarks.
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Figure 5: The expected QCD phase diagrams for realistic quark masses (A)
and for light quarks (B).

4.3. Comparison of the 1st order phase transition for light and heavy
quarks.In this section we describe the results obtained in [13]. As it is ex-
plained in details there, see also [15], the appearance of the �rst order phase
transition is related to the multivalued dependence of the Hawking temper-
ature on the horizon radius for the metric in the form (6). From Fig.?? we
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cB = - 0.07

cB = - 0.08

cB = 0

cB = - 0.001

cB = - 0.005

cB = - 0.01

cB = - 0.02

cB = - 0.03

cB = - 0.04

cB = - 0.05

cB = - 0.06

cB = - 0.07

0.0 0.2 0.4 0.6 0.8 1.0 1.2 1.4
μ, GeV0.00

0.05

0.10

0.15

T, GeV

B = 0 B ̸= 0

Figure 6: Phase transitions of the 1st order in isotropic (green lines, ν = 1)
and anisotropic (blue lines, ν = 4.5) models for light quark models for zero
and not zero magnetic �elds

see that

� for light quarks, B = 0, the onset of the 1st order PTs moves towards
µ = 0 as ν increases;

� for heavy quarks, B = 0, the 1st order PT line becomes longer with
increasing ν;

� as cB increases (strong magnetic �eld) phase transition line lengths
decrease.
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Figure 7: Phase transitions of the 1st order in isotropic (green lines, ν = 1)
and anisotropic (blue lines, ν = 4.5) models for heavy quark models for zero
and not zero magnetic �elds

4.4.Quarkyonic phase.Quarkyonic phase appears in the holographic model
corresponding to light quarks. In this case the line of the appearence of
quarkyonic phase coincides with the chiral symmetry breaking phase, as it
is shown in Fig.5. B. We expect that for more realistic holographical model,
these two line are separated, as shown Fig.5. A.
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Figure 8: Quarkyonic phase appears during isotropization at large µ for zero
magnetic �eld (A) and B)) and for non-zero magnetic �eld (C) and D));
ν = 1 for A) and C) and ν = 4.5 for B) and D)

In Fig.8 we show two types of the phase transition lines: the �rst order
transition lines (cyan on A and C, and dark cyan on B and D) associated
with background transitions related with instability of small black brane
and the second order transition lines (green on A and C, and dark blue B
and D) associated with con�nement/ decon�nement transition line. These
plots are based on detail treatments of holographic time-like Wilson loops in
anizotropic modes. These investigations have been performed in our papers
[5, 7, 9, 13,14] and haven't been discussed here.

4.5. Properties of an anisotropic plasma in a magnetic �eld at a nonzero
chemical potential. Having a metric that provides a holographic description
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of the quark-gluon plasma, one can calculate various physical quantities in
di�erent phases and �nd their behavior near the phase transition lines. Of
greatest interest are quantities that can be directly measured in collisions of
heavy ions. They are

� energy losses � in the holographic approach related with tension of the
spatial Wilson loop, see detail calculations for model (5) in [10,12] ;

� jets quenching � in the holographic approach associated with light-like
Wilson loops, for their evaluations for a simpli�ed version of action (5)
see [6];

� photon emission rate and electrical conductivity related via

dΓ ∼ Im [tr (ηµνG
µν
R )]k0=|k| , σµν = −Gµν

R

iw
, (7)

for model (5) they have been calculated in [16,18];

� the entropy of entanglement and the number of particles produced in
the chosen volume were estimated in [8, 11].

5. Conclusion

In this talk we have guided that using the holographic model (5), (6) and
taking anisotropy into account

� we have reproduced the experimental dependence of particle multiplic-
ity on energy given by (1);

� we found that HQCD, which takes into account anisotropy, has a richer
structure of the phase diagram compared to the isotropic model; the
phase structure essentially depends on the quark masses, and the quark
masses are taken into account by the holographic model itself; i) due to
anisotropy one has a smearing of the con�nement/decon�nement phase
transition,

ii) the e�ect of the inverse magnetic catalysis takes place, namely the
critical T decreases with increasing of B,

iii) for light quarks model quarkyonic phase appears during isotropiza-
tion and is absent for a large value of the anisotropy parameter;

� we also have found dependence of electrical conductivity on

� anisotropy and quark masses: σ11 has weak, σ22, σ33 have essential
dependencies on anizotropy,Aref'eva I. Ya.

� magnetic �eld reduces anisotropy smearing.
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